We consider two problems concerning uniform approximation by weighted rational functions [w n r n ] n=1 , where r n = p n Âq n has real coefficients, deg p n [:n] and deg q n [;n], for given :>0 and ; 0. For w(x) :=e x we show that on any interval [0, a] with a # (0, a^(:, ;)), every real-valued function f # C([0, a]) is the uniform limit of some sequence [w n r n ]. An implicit formula for a^(:, ;) was given in the first part of this series of papers; in particular, a^(1, 1)=2?. For w(x) :=x % with %>1 we show that uniform approximation of real-valued f # C([b, 1]) on [b, 1] by weighted rationals w n r n is possible for any b # (b (%; :, ;), 1), where b (%; :, ;) was also found in Part I; in particular, b (%; 1, 1)=tan 4 ((?Â4)((%&1)Â%)). Both of the mentioned results are sharp in the sense that approximation is no longer possible if a^is replaced by a^+= or b is replaced by b &= with =>0. We use potential theoretic methods to prove our theorems.
INTRODUCTION AND MAIN RESULTS

Exponential Weight
We first consider the approximation problem for the weight w(x)=e
x . Let P m be the space of algebraic polynomials of degree at most m having complex coefficients. Let :, ; 0 with :+;>0. Assume that for some a>0 there are p n # P [:n] and q n # P [ ;n] , such that e nx p n (x)Âq n (x) Ä 1, as n Ä , uniformly on [0, a]. Here and throughout the paper [ } ] denotes the greatest integer function. It was shown in [1, Theorem 3] . These results will appear in another paper.
Incomplete Rational Functions
We next consider the approximation problem for the weight w(x)=x % , where %>1. Let : 0, ; 0, and :+;>0. Assume that for some b # (0, 1) there are p n # P [:n] and q n # P [ ;n] , such that x n% p n (x)Âq n (x) Ä 1, as n Ä , uniformly on [b, 1] . It was shown in [1, Theorem 4] that b b =b (%; :, ;), where
where , with %>1 and p n , q n # P n . Then b*=tan 4 ((?Â4)((%&1)Â%)).
Remark B. Concerning approximation by incomplete rationals of the form x n% p n (x)Âq n (x), p n # P [:n] , q n # P [ ;n] we do not know the class of functions for which uniform convergence on [b , 1] is possible. For the special case of incomplete polynomial approximation (:=1, ;=0) we have b =b (%; 1, 0)=(%Â(1+%)) 2 and it has been shown by A. B. J. Kuijlaars (see [2, Theorem 1.2]) that a necessary and sufficient condition for f # C([b , 1]) to be approximable is that f (b )=0. 
PROOFS OF THE THEOREMS
First we will prove Theorem 1.5 and then use it to establish Theorems 1.1 and 1.3.
Proof of Theorem 1.5
For the proof we need the following lemma which easily follows from results of Totik [4] and Kuijlaars [2] (see also [3, Chapter VI]) regarding weighted polynomial approximation with varying weights. 
By Lemma 2.1 there exist p~n # P n and q~n # P n such that
as n Ä , uniformly on [0, 1]; that is,
We can write (2.1) and (2.2) in the forms
3) 
as n Ä , uniformly on [0, 1]. Next from (2.3) (2.6) it follows that (1) 
k , as nÄ , uniformly on [0, 1]. Now we define the sequence [n k ] as follows: n 1 =1, and for k 2, n k >n k&1 is chosen so that for n n k
Then the polynomials q n :=p n, k for n # [n k , ..., n k+1 &1] and k # N satisfy
As we have already shown, for every k # N there are real polynomials p n, k, r and p n, k, i # P [ ;n] such that First let :>0 and ;>0. It follows from (1.1) (1.3) that a^(:, ;) is a continuous function of : and ;. Thus if a<a^(:, ;) there is some =>0 such that a<a^(:&=, ;&=). Then by Lemmas 7 and 9 in [1] there is an xÄ such that p(xÄ , a)<; and n(xÄ , a)<:. Hence Theorem 1.1 follows from Theorem 1.5 with s \ (t)=_ Ã (t, xÄ ). If ;=0, then a^(:, 0)=2: by (1.3) and in this case Theorem 1.1 again follows from Theorem 1.5 with w(u)=e u =C exp(V(u, &_(t, 0) dt)), u # [0, a], and the fact that &_(t, 0)&=aÂ2<: for a # (0, a^(:, 0)).
Finally if :=0 and ;>0, the last assertion of Theorem 1.1 follows in a similar fashion from Theorem 1.5. K 
